An example is given of a separately continuous semigroup of transformations on Hilbert space which fails to be jointly continuous at t = 0.
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1. Let X be a topological space and \F : t > 0\ a one-parameter semigroup of continuous maps of X into itself; that is, F -F ° F and F0 = identity. Suppose also that for each x in X the mapping / t-* F ix) is continuous. Thus it, x) t-» F ix) is continuous in each variable separately.
Under additional hypotheses we can conclude that this map is jointly continuous. Specifically, in [l] it is shown that if X is metrizable, then every point it, x) with t > 0 is a point of joint continuity. Moreover, Dorroh [2] has shown that if X is locally compact and (7-compact then every point (/, x), including points with t = 0, is a point of joint continuity. where joint continuity at (t, x) is used at the last step. If we finally let t converge to 0 in (1), we conclude that y = x. But this is a contradiction, since x is in the interior of K.
3. To prepare the ground for the construction of the Hilbert space example, we will exhibit the example on the subset of K which we mentioned above.
We define the subset X as follows. Finally, we verify the failure of joint continuity at p with 7 = 0. Take x = (r , 0 ) with r = 1 + l/n and 6 = l/n. Take / = l/n. Then x -> p n n n n n n n and t -> 0, but 
